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Abstract—In the course of the design of single-phase PFC rectifiers, the demand for a high efficiency η and a high
power density ρ must be met at the same time. Depending on the weight on these two design criteria different topologies
could be advantageous. However, a comprehensive comparison of the topologies is difficult, since a large number of
parameters must be determined and constraints in different physical domains, as e.g. magnetic or thermal properties, and
EMI issues must be considered. Therefore, in this paper an approach based on relatively simple analytical equations is
presented for calculating the limiting curves of conventional, bridgeless and TCM resonant-transition single-phase PFC
rectifiers in the ρ-η-plane. These Pareto-Limits represent the Topology Performance Map of the considered topologies
and allow a direct comparison of the achievable performance and the limitations with respect to power density and/or
efficiency.

I. I NTRODUCTION
Over the last decades, the development of power
electronics systems was mainly targeting higher power
densities ρ and a reduction of the realisation costs
[1]–[4]. A power loss reduction and/or increase of the
conversion efficiency η was only indirectly required, as
the surface area available for power loss dissipation
decreases with decreasing converter volume. However,
due to environmental concerns, high efficiency is more
and more important, so that today at least two design
requirements, i.e. high power density and high efficiency,
have to be met. This results in a multi-objective design
optimisation, where a best possible compromise must be
found between the two conflicting criteria, since a higher
efficiency usually leads to a higher system volume, i.e. a
lower power density.
In the design process, a large number of parameters
must be determined and constraints in different physical
domains, as e.g. magnetic or thermal properties, and EMI
issues must be considered. This is complicated by the
fact that many of the design parameters take influence
not only on a single design aspect but on different con-
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Fig. 1: a) Power density – efficiency plane (ρ-η-plane), where the
maximal efficiency ηM and the maximal power density ρM as well as
the ρ-η-Pareto-Front are shown. The Pareto-Front defines the maximal
achievable performance for a compromise between power density and
efficiency. b) System Performance Map, which shows the ρ-η-ParetoFronts of different converter topologies.

verter properties as given e.g. the switching frequency,
which influences the losses in the semiconductors, the
cooling system, the design of the magnetics, etc. Accordingly, the set of parameter values which results in
an optimal design is difficult to identify.
Based on multi-domain converter models [3], [5]–[7],
an optimal mapping of the design parameters into the
system Performance Space could be performed as described in [8]. There, different design criteria or quality
indices could be considered and/or the best compromise
of the required system level performances could be
determined. Such an optimisation has been performed
for telecom power supplies in [3], [4] or for single-phase
bridgeless PFC rectifiers in [8], [9]. There, however only a
single design criteria (either power density or efficiency)
has been maximised, i.e. a 1- dimensional (1D) optimisation has been performed.
With an 1D optimisation, the maximal achievable efficiency and the maximal achievable power density can
be identified for a given set of technologies, i.e. for
unipolar/bipolar semiconductor switches, core materials,
foil/electrolytic capacitors, etc. By simultaneously optimising the efficiency and the power density with different
weights a performance limit and/or Pareto-Front could
be determined in the ρ-η-plane (cf. Fig. 1a) [8]. The
Pareto-Front directly indicates e.g. the maximal achievable efficiency for a required power density or shows how
much the efficiency would be sacrificed in case the power
density would have to be increased.
In case the Pareto-Limits of e.g. single-phase rectifier
topologies would be known the performance of different
concepts could be directly compared. This would allow to
immediately identify the concept best suited for satisfying
a given power density and efficiency requirement (cf.
Fig. 1b).
In alternative to optimising the systems with different
weights, the Pareto-Front also could be approximated
directly by relatively simple analytical models as will be
shown in this paper for single-phase PFC rectifiers in the
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power range of a few kilowatts. There, the standard PFC
boost rectifier, a bridgeless converter and a resonanttransition (i.e. zero voltage switching), triangular current
mode (TCM) PFC rectifier are considered and a Topology
Performance Map is derived.
First, the considered topologies are shortly discussed
with respect to efficiency and power density in section II.
Thereafter, the equations for calculating approximations
of the Pareto-Limit are presented in section III. The
Pareto-Limits of the different rectifier concepts are calculated in section IV. There, also experimental systems
for validating the calculations and measurement results
are presented.
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Fig. 2: Schematics of the conventional (a), the bridgeless with integrated
CM-filter [8] (b), the AC-switch (c) and the triangular current mode
(TCM) resonant-transition PFC rectifier with synchronous rectification
[10] (d) are shown. The bridgeless PFC rectifier also could be realised
with clamping diodes instead of capacitors CCM 1 and CCM 2 [11].
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With the specifications of a converter system given,
one of the first steps in the design process is the selection
of the converter topology. For single-phase PFC rectifiers
numerous topologies are described in literature. The
most common concepts are shown in Fig. 2, where the
simplest topology is the conventional PFC boost rectifier.
However, this converter requires the largest silicon area
for achieving a high efficiency as shown in Fig. 3. There,
the required chip area for the MOSFET and the number
of diodes is shown for the case that all converters have
the same conduction losses. All diodes, which are only
commutated with mains frequency (D1 -D4 in Fig. 2a and
D2 &D4 in Fig. 2c), are replaced by MOSFETs used as
synchronous rectifiers in order to reduce the conduction
losses.
With the bridgeless PFC rectifier the smallest amount
of silicon area, which is proportional to costs, is required
for achieving a high efficiency. Consequently, this topology has been used in [9] to optimise a single-phase PFC
rectifier for maximal efficiency. There, an efficiency of
99.3% has been achieved at a relatively low switching
frequency of 18kHz, which is necessary to limit the
switching losses. Due to the low switching frequency,
the volume of the boost inductor is large resulting in a
relatively low power density of 1.35kW/dm2 .
The hard switching operation of the bridgeless PFC
rectifier as well as of the conventional concept and the
AC-switch PFC rectifier is a fundamental limitation, since
the parasitic capacitances of the MOSFETs and the
boost diode are causing losses at the MOSFET turn on.
Besides the higher switching losses, this also prevents
replacing the fast commutated freewheeling diodes with
synchronous rectifiers, since the MOSFETs employed
instead of the diodes exhibit a relatively large nonlinear
capacitance, which would cause large turn-on current
peaks resulting in even higher switching and total losses.
Consequently, it is not possible to achieve a high power
density and a high efficiency at the same time as will be
demonstrated later with the help of Pareto Fronts, which
clearly show the limits of the hard switching concepts in
the ρ-η-plane.
In order to avoid the capacitive losses occurring
for hard switching, a Triangular Current Mode (TCM)

UO

D2

2
1
0

MOSFET Area

No. of Diodes

Fig. 3: Total MOSFET chip area for equal conduction losses of the
topologies given in Fig. 2. Additionally, the quantity of required fast
recovery diodes (SiC) is shown. There, D1 -D4 in Fig. 2a) and D2 &
D4 in Fig. 2c) are replaced by MOSFETs (synchronous rectifiers).

resonant-transition single-phase PFC rectifier with a
switching scheme according to Fig. 4 has been proposed
[10], [12]–[14]. At the top of this figure an equivalent
circuit of the converter given in Fig. 2d) with only a single
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Fig. 4: a) One leg of the TCM resonant-transition PFC rectifier with
nonlinear parasitic capacitors CP ν and b) waveforms of the inductor
current in and of the voltage uC1 across the lower MOSFET.

half bridge leg (e.g. MOSFETs S1 and S2 in Fig. 2d) for
shaping the input current is shown. This equivalent circuit
is valid for the positive mains cycle, where switch S5 is
constantly turned on and not shown in Fig. 4.
In Fig. 4b) the control signals, the voltage across
MOSFET S1 , and the inductor current iL are shown for
one switching period TP . The turn-off current IS of switch
S1 is always chosen such, that the energy stored in
inductor L is large enough to increase voltage uC1 up
to UO in order to enable ZVS turn on of switch S2 after
the resonant transition time TRT 1 . With S2 turned on, the
energy stored in L is transferred to the output capacitor

and S2 acts as synchronous rectifier.
Due to capacitors CP 1 and especially CP 2 , which
shows a large capacitance for uC1 ≈ UO , current iL in L
reverses after the time interval Tof f , so that again energy
is stored in L for a resonant-transition of uC1 down to
zero. Assuming, that the mains voltage uN is smaller than
UO /2 and neglecting losses, switch S2 can be turned off
at the zero crossing of iL (i.e. at TR =0 in Fig. 4b) and due
to the resonance of L and CP 1 ||CP 2 voltage uC1 reaches
zero. Shortly thereafter switch S1 is turned on at zero
voltage and the new cycle starts.
In case uN > UO /2, the resonance of L and CP 1 ||CP 2
is not enough to bring uC1 down to zero. Therefore,
switch S2 is kept turned on for time TR after Tof f and
iL reverses, so that finally the negative amplitude of iL is
increased as shown in Fig. 4. Time TR is chosen such,
that enough energy is stored in L for decreasing uC1
down to zero. As soon as iL is equal to IR or after time
TR , switch S2 is turned off and uC1 resonates down to
zero and S1 is turn on at ZVS condition.
With this control scheme, the boost diodes can be
replaced with synchronous rectifier MOSFETs without
causing additional capacitive switching losses. This allows a significant reduction of the conduction losses in
the semiconductors. However, the RMS currents in the
boost inductor and in switches S1 /S2 are larger than for
the conventional PFC rectifier, as for uN > UO /2 an additional negative current IR for achieving ZVS must be generated. With an increased IR also IS must be increased in
order not to change IAV G,t , which is the average current
during a switching period. This IAV G,t should show a
sinusoidal time behaviour equal to IAV G,t,N as shown in
Fig. 4c) and/or its average over half a mains cycle should
be equal to the average mains current IAV G required for
the desired output power.
The larger RMS current could be compensated concerning the losses by increasing the chip area of S1 /S2
and/or by reducing the RDSon and consequently the
conduction losses. However, for a larger chip area again
the RMS current values must be increased as the parasitic capacitances CP 1 and CP 2 have a larger value.
Furthermore, the gate drive losses increase as the gate
charge increases with the chip area. Thus, there is an
optimal value for the chip area resulting in minimal overall
losses as will be shown below.
The MOSFETs S1 -S4 connected to an inductor in
Fig. 2d) are operating at a high switching frequency and
due to the resonant-transition with ZVS conditions. With
these MOSFETs the input current is shaped. The return
path for the inductor currents is provided by MOSFETs S5
and S6 , which change their switching state at each zero
crossing of the mains voltage, i.e. at very low frequency.
This common return path used for all fast switching legs
simplifies the control and reduces the circuit complexity.
Due the return path operating at low frequency, the
output of the rectifier is always connected to the mains.
Consequently, the potential of the output voltage with
respect to ground varies only twice during one mains
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cycle, so that the generated CM current is relatively
small. By interleaving several stages also the DM input
ripple could be decreased significantly, so that only a
small EMI filter is necessary. Further details about the
synchronisation of interleaved bridge legs can be found
in [15].
Details about the EMI behaviour of the bridgeless PFC
rectifier can be found in [8]. There, a setup with clamping
diodes and one with integrated CM-filter has been investigated and measurement results for the bridgeless PFC
rectifier are presented.
The MOSFET area for the TCM resonant-transition
PFC rectifier shown in Fig. 3 depends on the forward voltage drop of the boost diode, the input current (modulation
index) and the specific on-resistance of the MOSFET. In
order to obtain the same conduction losses for a 3kW
PFC rectifier operating at 230V mains voltage and a
specific on resistance of 25mΩcm2 , for the TCM rectifier
in total 1.2 times the MOSFET chip area of the bridgeless
PFC rectifier with integrated CM-filter would be required.
In Fig. 3 for the TCM rectifier it is assumed that the
MOSFETs have the same chip area as the bridgeless
PFC rectifier with integrated CM-filter, i.e a factor of 2
between the areas is shown. This results in the same
conduction losses at low line voltage, but higher efficiency
of the TCM rectifier at uN =230V.

III. C ALCULATION OF THE ρ-η-PARETO -L IMITS
D IFFERENT PFC R ECTIFIER C ONCEPTS

OF

For determining the limiting curves in the ρ-η-plane
and/or the Feasible Performance Space [8], [16], in the
following mathematical expressions for the losses and
the volumes of the components of the single-phase PFC
rectifier topologies discussed in section 2 are derived.
These expressions are relatively simple approximations
but nevertheless allow an identification of the limits and
also of the relative performance of the different topologies.
In contrast to the equations presented in [8], where
a direct relation between the power density and the
efficiency for the bridgeless PFC rectifier has been derived, here the losses and the volumes are calculated
in dependency on the switching frequency and then a
parametric plot of the limiting curve is performed. This
simplifies the calculation of the Pareto-Front significantly
and allows to easily add additional volume and/or loss
contributors.

A. Power Semiconductors
First, the losses in the power MOSFETs and the diodes
are calculated in dependency of the operating frequency
based on general equations for the conventional PFC
rectifier. Based on this, the loss equations for the different
topologies are derived.

For the loss equations, the RMS and the average
currents in the devices are required. These can be calculated with
r
1
4 ˆ
PIN
IRM S,S =
−
IN
IRM S,N =
UN
2 3πM
r
4 ˆ
2
1 ˆ
IAV G,S = −
IN IRM S,BD =
IN
π 2M
3πM
1
1 ˆ
IN
IRM S,RD = IRM S,N
IAV G,BD =
2M
2
1ˆ
IAV G,RD = IN
π
with the modulation index M = UO /ÛN .
Currents IRM S,S /IAV G,S are the RMS and the average
current in the switch, IRM S,BD /IAV G,BD the RMS and the
average current in the boost diode and IRM S,RD /IAV G,RD
are the characteristic current values of the rectifier
diodes.
These equations are all for the conventional boost PFC
rectifier and used in the following to determine the losses
for the different topologies. There, first the conventional
PFC is considered and based on the results the losses
for the other topologies are determined.
The conduction losses in the boost diode are
2
PV,BD = UF,BD IAV G,BD + RD,BD IRM
S,BD

(1)

with RD,BD ∼ 1/AChip,BD . There, UFB D is the forward
voltage drop and RD,BD the differential resistance of the
diode. The differential resistance is linearly dependent on
the chip area of the diode AChip,BD , which also determines the value of the parasitic boost diode capacitance.
This parasitic capacitance must be charged during turnon of the boost switch and generates switching losses
in the boost switch. The larger the diode chip area is,
the lower are RD,BD and the conduction losses, but
the higher are the switching losses in the MOSFET.
Consequently, there is an optimal value for AChip,BD
resulting in minimal losses. The calculation of the optimal
area will be shown below.
In order to achieve a high efficiency and a compact
design, switching losses should be minimised, so that it
is assumed here that SiC Schottky diodes are utilised
as boost diode [17]–[19]. The conduction losses of the
rectifier diodes PV,RD can be calculated analogously and
the switching losses are negligible.
The conduction losses in the MOSFET can simply be
calculated with the on-resistance RDSon and the RMS
current. The switching losses are mainly determined by
the output capacitance of the MOSFET and the capacitance of the boost diode, which are both discharged via
the MOSFET during turn-on. The additional switching
losses caused during the commutation of the inductive
current are relatively small if a high efficiency is desired,
since the time for the commutation decreases linearly
with an increasing chip area of the MOSFET. As for a high
efficiency a large chip area is required, the commutation
losses become relatively small in comparison to the
losses due to the output capacitance, which increase with
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PV,T = RDSon IRM
S,S + fP

(Ceq,M +

2

(2)

with RDSon ∼ A−1
Chip,M and Ceq,ν ∼ AChip,ν . There Ceq,M
is a constant equivalent capacitance, which results in the
same switching losses as the voltage dependent output
capacitance CP of the switching MOSFETs. The voltage
dependency
of CP could be approximated by CP = C0
p
UO /uDS with C0 = CP at UO . This results in WCP =
2/3 C0 UO2 for the energy stored in the output capacitance
at a blocking voltage UO . Consequently, the equivalent
capacitance is
Ceq,M =

4
C0 .
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the losses


2
C
UO
d PV,BD + fP eq,BD
2
dAChip,BD

(3)

Analog considerations can be performed for the capacitance Ceq,BD of the boost diode, which also results in the
same switching losses as the voltage dependent diode
capacitance.
Due to the strongly nonlinear behaviour of CP of SuperJunction MOSFETs, the turn-off losses are relatively
small (ZVS condition) and are neglected in the following.
In (2) it could be seen that the conduction losses
decrease and the switching losses increase with increasing MOSFET and/or diode chip area. Therefore, there
is an optimal value of the chip areas, which minimises
the MOSFET and the boost diode losses. This could be
seen in Fig. 5, where the MOSFET losses are plotted as
function of the chip area with the switching frequency as
parameter.
For determining the optimal chip area the minimum of

IR

Calculation of Times TOn, TRT1,
TOff, TR, TRT2 and TRv as well as
currents IAVG,t and IRMS,t

Times

the chip area. Moreover, by decreasing the gate drive
resistor, the time for turning on decreases. Therefore, the
MOSFET losses are approximately given by
Ceq,BD ) UO2

Nonlinear ODE

= 0 ⇒ AChip,BD,opt

dPV,T
= 0 ⇒ AChip,M,opt
dAChip,M

(4)

(5)

must be calculated. In the equation for the optimal diode
chip area AChip,BD,opt , also the capacitive switching
losses in the MOSFET caused by the parasitic diode
capacitance must be considered as these depend also
on AChip,Bd .
The temperature dependency of the on-resistance and
the differential resistance of the diode is calculated by
1
(1+αBD PV,BD Rth,j−a,BD )
G∗D,25◦ C AChip,BD
1
= ∗
(1+αT PV,T Rth,j−a,T ) .
(6)
GT,25◦ C AChip,M

RD,BD =
RDSon

There, Rth,j−a,ν is the thermal resistance between the
junction of the diode/MOSFET and the ambient and it is
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Fig. 7: Variable Losses in a 1kW TCM resonant-transition PFC rectifier
with the specifications given in Table I as function of the chip area
including losses in the EMI-filter, the output capacitor and the control,
which are not shown separately. In a) the loss distribution at 20% output
power and in b) for 100% output power are shown.

assumed that no thermal coupling between the semiconductors exists. Including a thermal coupling is basically
possible but requires a numerical solution for the optimal
chip areas. This is also true if the dependency of the thermal resistance on the semiconductor chip area should be
considered Rth,j−a,ν ∼ Rth,j−a,0,ν /AChip,ν +Rth,j−a,HS,ν ,
where Rth,j−a,HS,ν describes the part of the thermal resistance, which is independent of the chip area (e.g. heat
sink). With G∗ν,25◦ C the specific conductivity at 25◦ C and
with αν the temperature coefficient of the diode/MOSFET
on-resistances is denominated.
The losses in the rectifier diodes PV,RD can simply be
determined with the forward voltage drop and the average
current. In case the rectifier diodes are replaced by
synchronous rectifiers (MOSFETs) with an on-resistance
2
RDSon,S , the losses are RDSon,S IRM
S,RD .
The total semiconductor losses of the conventional
boost rectifier are
PV,Conv = PV,T + PV,BD + 2PV,RD .

(7)

Based on these losses the volume of the heat sink could
be calculated as described in the following section. For
the bridgeless converter the semiconductor losses could
be calculated by
PV,BL = PV,T + PV,BD + 2PV,RD .

(8)

TCM resonant-transition PFC rectifier: For the hard
switching PFC topologies, the increase of the optimal chip

area of the boost diodes and MOSFETs (i.e. reduction of
the conduction losses) is limited by the corresponding
increase of the switching losses due to the parasitic
capacitances. In the TCM resonant-transition PFC rectifier, the switching losses are eliminated as described in
section II and in detail in [10]. However, the RMS currents
in the boost inductor and in the switches as well as the
required gate drive power still increase with the chip area
and an optimal chip area can be calculated. Therefore,
the losses in the boost inductor, the switches and the
gate drives must be determined in dependency of the
semiconductor area following the procedure depicted in
Fig. 6.
In this procedure, the currents IAV G,t , IRM S,t and the
times TOn , TRT 1 , TOf f , TR , TRT 2 , and TRv (cf. Fig. 4)
are calculated for each switching period separately for a
fixed chip area and output power level as described in
detail in [10]. There, the time for the resonant transition
is determined by solving a differential equation including
the nonlinear parasitic capacitances CP 1 and CP 2 and
the turn off current IS is determined iteratively until
the average current for the considered switching period
IAV G,t is equal to required one IAV G,t,N . This is repeated
until a quarter of a mains cycle is reached.
With the times and the current values for the different
switching periods, the boost inductor and the component
currents are described by a piecewise linear function
for a mains period and the harmonics of the currents
are calculated for determining the HF losses in the
winding. Furthermore, the RMS and average currents are
determined. Thereafter, the chip area is modified and the
whole procedure is repeated for the new area. Finally,
the currents, the losses and also the efficiency are given
as function of the chip area. Further details about the
calculation procedure can be found in [10].
In Fig. 7 the resulting losses for the TCM resonanttransition PFC rectifier with the specifications shown in
Table I are given as function of the chip area for full
output power and for 20% of the nominal load. There,
also the gate drive losses are considered, since these
also depend on the chip area and finally have a significant
influence on the optimal chip area in the TCM PFC
rectifier. For the inductor losses a magnetic core E42
made of ferrite material N87 and a litz wire with 420
strands each with a diameter of 0.071mm has been considered. The core losses are calculated with the approach
presented in [20] and for the winding losses also the skin
and the proximity effect losses are included. Additionally,
the constant losses for the controller/auxiliary supply, the
ohmic losses for the EMI filter and the losses in the output
capacitor due to the high ripple current are considered.
As could be seen, with decreasing output power the
optimal chip area decreases rapidly and in order to
achieve a high efficiency for a wide operating range for
the prototype system shown in Fig. 15 a relative chip area
of 1, i.e. a realisation of a switch with a single MOSFET
STW77N65M5, has been chosen.
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B. Cooling System
The cooling system is a major limitation for the achievable power density, especially in case the efficiency is
low, so that a large amount of heat has to be dissipated
and a large share of the system volume is occupied by
the cooling system. The cooling system volume, i.e. heat
sink + fan/pump, is dependent on the applied cooling
technique (natural convection, forced air or water cooling), the performance of the fan/pump and the material
of the heat sink (e.g. aluminium, copper, graphite). For air
cooled systems this dependency could be described with
the cooling system performance index (CSPI) defined in
[21], where the Rth is directly related to the volume of
the heat sink by
 
 W 
Gth W
1
K
K
. (9)
=
CSP I Kdm3 =
VH [dm3 ]
Rth W
VH [dm3 ]
The thermal resistance could be calculated with the
maximal allowed junction temperature Tj,max and the
semiconductor losses (cf. section III-A), i.e. Rth =
PV /(Tj,max − TA ), what finally results in the heat sink
volume. For forced air cooled systems the CSPI is approximately between 5 for commercial cooling systems
and 30 for optimised systems.

C. Input Inductor
Besides the semiconductors, the magnetic components are the main cause for losses in the PFC system.
In order to minimise the losses, the design of the inductor,
i.e. the geometry and the number of turns must be
optimised for minimal losses. As the losses decrease with
increasing volume due to the decreasing current and flux
density even in case the HF losses are considered as
has been shown in [8], the volume must be limited during
the design of the inductor. Otherwise, the volume would
go to infinity during the optimisation for minimal losses
and there are minimal losses for a given inductor volume.
In the following the losses are calculated as function of
the inductor volume and the optimal number of turns is
determined.
These considerations are performed with basic equations neglecting the HF losses, since these depend also
on the geometric design of the magnetic component.
As has been shown with numerical optimisations for the
bridgeless PFC rectifier in [8], the results for the system
level Pareto-Limits, which are determined with the basic
equations, show the same basic tendency as the curves
calculated with the numeric models, but allow a much
faster calculation.
The core losses are expressed as function of the
geometry and the Steinmetz parameters, which can be
obtained from the data sheets of the core material. The
flux density is calculated with the winding voltage and the
mean turn length lM N T is expressed as function of the
cross sectional area of the core ACo and the shape factor

kSC . Furthermore, it is assumed that the pulse duration
T is proportional to 1/f .

β
UT
β α
f α ACo lCo
PCo = CB f VCo = C
N ACo
 β
3
U
1
2 −β
(10)
=C
kSC ACo
f α−β √
N
kCW
with
kCW =

ACo
AW

lM N T
.
and kSC = √
ACo

The winding losses neglecting HF-effects are calculated as function of the geometry, where the cross sectional area of one turn is calculated with the copper fill
factor kCU times the window area AW divided by the
number of turns N .
2
PW dg = RW IRM
S =

N 2 lW
I2
σAW kCU RM S

N 2 kCW kSW 2
√
I
(11)
σ ACo kCU RM S
√
with kSW = lM N T / AW .
Since the winding losses increase with the number of
turns N and the core losses decrease with N , there is an
optimal number of turns NOpt resulting in minimal losses.
This NOpt is calculated in the third step and then used
to eliminate N in the winding and core loss equations.
By minimising PCo + PW as function of N with respect
to the losses one obtains
=

1

NOpt = UI D 2− 2+β
·

−2α+2β
4
4 4 2
3
A2β−4
Co kCW UI D kSW II,RM S f
2 σ2
C 2 β 2 kSC

(12)
−1
! 4+2β

for the optimal number of turns.
For relating the losses and the inductor volume, the
core and the winding volume are expressed by
p
3
2
VCo = ACo kSC AW = AW
kCW kSC
(13)
p
p
3
2
VW = AW kSW ACo = AW
kSW kCW .
(14)
Solving this for the core area and setting VL = VCo + VW
results in

 32
VL
√
ACo = kCW
.
(15)
kCW kSC + kSW kCW
Inserting the optimal number of turns and the expression for the core losses in the sum of (10) and (11) and
summarising the constants in kP = f (β) results in the
total losses
4(2−β)

PL = kP VL3(2+β)

− 13

f

2α−2β
2+β

2β

2β

2+β
2+β .
IRM
SU

(16)

Assuming for example β = 2 and α = 1 results in
U IRM S
PL ∼ √
1
f VL3

(17)
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which shows that the losses decrease with an increasing
inductor volume. Furthermore, the losses monotonically
decrease with higher operating frequencies what is true
only if the HF losses are neglected. In reality, the losses
increase again at high operating frequencies.
For determining the losses PL and also for calculating
the power density of the system, the volume of the inductor is required. This is related to the switching frequency
by the current ripple. Assuming an equivalent DC-DC
boost converter with a duty cycle D, the ripple of the
inductor current is given by
∆iL
VI
1
VI
DTP →
= α∆iL =
D
L
IL
IL L fP
VI D 1
→L=
α∆iL IL fP
∆iL =

(18)

with the relative ripple current α∆iL .
Furthermore, the inductor volume is approximately proportional to the stored energy, i.e.
1
VL = αVL LIL2 ,
(19)
2
where αVL is a technology factor of the inductor, which relates the volume to the stored energy. At higher operating
frequencies and higher relative ripple currents, factor αVL
decreases due to thermal limitations. This is neglected in
the following, since this would require a thermal model,
that depends very much on the geometrical design of the
converter.
With the inductance value calculated in (18) and the
approximation IL ≈ IL,RM S ≈ II , the inductor volume is
VL ≈ αVL

DαVL PO
DαVL PI
1 VI D 1 2
II =
≈
(20)
2 α∆iL II fP
2α∆iL fP
2α∆iL fP

assuming a high efficiency, i.e. PO ≈ PI .
With (16) and (20) the losses and the volume of the
magnetic device are given as function of the frequency
and can be utilised to calculate the Pareto curve. There,
the parameters are adapted, so that these fit to the
different considered topologies.
D. Output Capacitor
For the output capacitor either electrolytic, film or ceramic capacitors could be used. Electrolytic capacitors
offer the highest amount of stored energy per volume.
However, the losses in the electrolytic capacitors due
to the ESR and the leakage current are the highest.
Ceramic capacitors offer a high ripple current capability
and a good stored energy per volume, but for realising
a high output capacitance a large number of capacitors
must be connected in parallel. Furthermore, the capacitors are more sensitive to mechanical forces, what could
influence the system reliability, so that in the following
the ceramic capacitors are not considered any more.
Film capacitors also have a high ripple current capability
and low ESR/leakage current, but offer the lowest energy
density.

The losses in electrolytic capacitors are given by
2
2
PCE = RESR,LF ICE,LF
+ RESR,HF ICE,HF
+

(21)

+ ILeak UO

where it is assumed that the equivalent series resistance
RESR,HF is constant for all the HF harmonics ICO ,HF
and for calculating the losses due to the low frequency
ripple current ICO ,LF a separate ESR RESR,LF is applied.
Additionally, the losses due to the leakage current are
considered, which are, however, usually quite small.
The energy density of electrolytic capacitors scales approximately linearly with the output voltage [2]. Assuming
a constant output voltage, the energy density is fixed and
the volume linearly depends on the capacitance value. In
the following it is assumed, that the capacitance value of
the output capacitor is mainly determined by the ripple
current and not by hold up time requirements. Thus, the
volume of the electrolytic output capacitor is proportional
to the ripple current
VCE = γV−1
I
,
CE C,RM S

(22)

where γV−1
(energy per volume) is the proportionality
CE
factor between the energy and the volume. The ripple
current could be directly related to the output power




1
1 4
2
b2 ≈ 2M 4 − 1 P 2 , (23)
−
I
IC,RM
=
N
O
S
M 3π 4M
UO2 3π 4M
where M is the modulation index. With this relation the
capacitor volume is approximately given by
r
8M
1
−1 PO
− .
(24)
VCE = γVCE
UO
3π
2
The resulting capacitance value is usually large enough
to meet also the voltage ripple requirement.
In contrast to the electrolytic capacitors, the volume of
film capacitors scales linearly with the stored energy [2]
since the thickness of the capacitor is mainly determined
by the thickness of the dielectric layers. Therefore, the
volume could be calculated by
1
VCF = γV−1
CF UO2 .
(25)
CF
2
In case the output voltage UO is fixed, the volume just
scales with the required capacitance value CF , which is
determined by the allowed ripple voltage. Approximating
the capacitor current by a sinusoidal current with an
amplitude equal to the average output current, the relative
peak output voltage ripple is given by
α∆uCF =

PO
u
bCF
=
UO
4ωN

1
1
2
2 CF UO

=

PO
1
.
4ωN γVCF VCF

(26)

This could be directly converted to
VCF =

PO
4ωN α∆uCF γVCF

,

(27)

for the volume of the output capacitors based on film
technology.
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E. Auxiliary, Control & Gate-Drive
The volume VCon and the power consumption PCon
of the control is relatively independent of the applied
topology, but slightly depends on the chosen switching
frequency. This influence is neglected in the following and
just a constant volume and power consumption for the
control circuit are assumed.
The volume and power consumption of the auxiliary
supply scales with the switching frequency (e.g. gate
drive losses), the consumption of the control and with the
cooling, i.e. power consumed by a fan/pump. Additionally,
a constant power and volume is required e.g. for the
control IC of the auxiliary supply or power for a precharge relays. Consequently, the volume/power is given
by
PAux = PAux,0 + kP,Aux PAux,1 f
VAux = VAux,0 + kV,Aux VAux,1 f.

(28)
(29)

With increasing chip area the losses in the gate drive
increase as the gate charge increases. Furthermore, the
losses increase with switching frequency. Consequently,
the gate drive losses for an unipolar gate voltage UGate
are
PGate = QGate,0

AChip
UGate fP ,
AChip,0

(30)

where QChip,0 is the reference charge at the reference
chip area AChip,0 . For the volume of the gate drive only
a fixed value is assumed.

F. Overall Systems
In the previous sections, mathematical expressions for
the losses in the semiconductors, the boost inductor, gate
drives, auxiliary power supply and output capacitor as
well as for the volumes of the different components have
been derived in dependency of the switching frequency.
In order to calculate now the ρ-η-Pareto-Limits of the
considered topologies, the total system losses, i.e. the
sum of the losses of the individual components, and the
system volume are calculated for different frequencies.
In case of the bridgeless PFC rectifier with electrolytic
capacitors this could be e.g. performed by
Ptot (f ) = PV,BL +PL +PCE +PCon +PAux +PGate
Vtot (f ) = VH +VL +VCE +VCon +VAux +VGate .

(31)
(32)

The resulting values for the losses and for the volume are
plotted as parametric plot in the ρ-η-plane. The results are
discussed in section IV. In these equations easily further
component losses/volumes can be added.
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The losses can be evaluated with the same relations
as used for the electrolytic capacitors, but the ESR and
the leakage current are much smaller, so that the losses
often can be neglected.
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Fig. 8: ρ-η-Pareto-Limits for the conventional, the bridgeless and the
TCM resonant-transition PFC rectifier. For the bridgeless PFC concept
two technology sets – one facilitating high power density and one
facilitating high efficiency – are shown. The dark blue curve shows the
limits for the conventional PFC rectifier with diode bridge and the light
blue curve for a system with synchronous rectifiers. The the curves are
calculated for systems with parameters optimised for operation only at
nominal voltage uN =230V.
TABLE I: Specifications of the single-phase PFC rectifiers. The nominal
output power of the TCM resonant-transition PFC rectifier is 3kW.
Output power PO
Line voltage UN
Output voltage UO
Ambient Temperature

3.2kW
230V±10%
365V
45◦ C

IV. TOPOLOGY P ERFORMANCE M AP
AND S ENSITIVITY A NALYSIS
Based on the algorithms and models presented in
section III, the ρ-η-Pareto-Limits are calculated for the
topologies presented in section II and the specifications
given in Table I. The results for systems optimised for
uN = 230V are shown in Fig. 8, where the limits for the
conventional PFC rectifier, for the bridgeless PFC system
and for the TCM resonant-transition PFC rectifier as well
as the performance of prototypes of the systems (cf. next
section) are depicted. For the bridgeless PFC rectifier
two different technology sets, one optimised for efficiency
(natural convection, large inductor volume, low loss EMIfilter, etc.) and one optimised for power density (forced air
cooling, small inductor volume, compact auxiliary power
supply, etc.) are considered.
This ρ-η-Performance-Map clearly reveals the performances achievable with the different topologies and
technologies. For example, for achieving an ultra-high
efficiency the bridgeless topology with integrated EMIfilter (cf. Fig. 2b) is a very promising candidate if it is combined with technologies as e.g. control circuit, auxiliary
supply, cooling, EMI filter which are optimised for minimal
losses. As already mentioned, the required silicon area
for the bridgeless converter is relatively small compared
to the other topologies. Similar efficiency values can be
achieved with the TCM resonant-transition PFC rectifier.
However, a slightly larger silicon area is required for the
switches.
The ultra-high efficiency values are all achieved at
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Fig. 9: Winding losses, i.e. resistive losses considering skin and proximity effect and core losses of an inductor in dependency of the inductor
volume. The core geometry is optimised for minimum total losses;
winding losses due to the fringing field of the air gap are not considered.
An increase of the overall inductor volume results in a reduction of the
total losses.

low switching frequencies, which limit the HF losses in
the magnetic components and keep the switching losses
low in case of the hard switched topologies. During
the optimisation for minimal losses the volume of the
magnetic components must be limited, since the losses
monotonically decrease with increasing volume as could
be seen for example in Fig. 9. There, the winding and
the core losses including HF-effects of an inductor are
shown as function of the inductor volume.
At the low switching frequencies, the switching losses
are low and the chip area could be increased in order
to reduce the conduction losses (cf. Fig. 5). This reduces
the size of the heat sink for the semiconductors. However,
the volume of the inductor must be increased in order to
limit the current ripple at the low switching frequency and
in order to reduce the losses. Consequently, the ultra-high
efficiency comes with a relatively low power density. This
is also validated by two ultra-efficient prototype systems
which are discussed in detail in [8] and [9]. The prototype
system showing the highest efficiency is also shortly
presented in section IV-B.
By increasing the switching frequency the inductor
value decreases and therewith also the volume. However,
the switching/gate drive losses increase, so that with the
increasing power density, efficiency drops. This could be
also seen in Fig. 8, where all the Pareto-Limits in the
ρ-η-plane start at the left hand side with low switching
frequency. The parameter with which one moves along
the Pareto-Limits is the operating frequencies, which
reaches values in the range of approximately 500kHz in
the area of the sharp bend. At this point the power density
as well as the efficiency drops resulting in non-optimal
designs.
In Fig. 8 it could be seen that the efficiency of the
bridgeless PFC rectifier drops slightly faster with increasing power density than the efficiency of the conventional
system since with the bridgeless PFC rectifier, the chip

area of both MOSFETs (S1 and S2 in Fig. 2b) must be
decreased with increasing switching frequency in order
to limit the switching losses. However, in the bridgeless
PFC rectifier one of the MOSFETs is constantly turned
on and provides the return path for the current, which
becomes more and more lossy with increasing switching frequency due to the reduced chip area. In case
of e.g. the conventional PFC rectifier, the return path
(either diode or synchronous rectifier) is unaffected by
the increasing switching frequency. In the graphs shown
in this paper a fixed chip area is assumed for the return
MOSFETs of the TCM resonant-transition PFC rectifier
as well as for the synchronous rectifier MOSFETs.
This is also true for the TCM resonant-transition PFC
rectifier, which has a separate return path, that operates
at low frequency. With this rectifier topology also the best
compromise between power density and efficiency could
be achieved. Power density values up to 5kW/dm3 at
efficiencies higher than 98% are possible.
It is important to note, that in all the ρ-η-PerformanceMaps shown in this paper always the net volume, i.e.
only the component volume without additionally required
volume for interconnection and mounting, is used for
calculating the power density. Thus, the power density
values shown in the graphs typically must be reduced
by 20%-25% for real systems, what also could be seen
for the depicted performances of the prototype systems,
which are lower than the calculated maximal power
density values but still show outstanding power density
values.
So far in the ρ-η-plane given in Fig. 8 only one operating point, i.e. in the depicted case the nominal operating
point (uN ), has been considered. In case of a wide
operating range, a design compromise is required due to
the strongly varying mains currents for uN =100V and for
uN =230V. This affects also the achieveable power density
and efficiency values as could be seen in Fig. 10a),
where the Pareto-Limits in the ρ-η-plane are given for an
input voltage of uN = 100V in a). Due to the high mains
current the achievable efficiency values significantly drop.
In case of the bridgeless PFC rectifier approximately
by 0.5%-0.75% and for the conventional and the TCM
resonant-transition system by significantly more. There,
it is important to note, that the chip area of the return
MOSFETs of the TCM resonant-transition PFC rectifier
as well as for the synchronous rectifier MOSFETs is the
same as in case of the design optimised for uN = 230V.
Increasing these chip areas results approximately in an
efficiency drop of 1% for the conventional and the TCM
resonant-transition PFC rectifier compared to the case
where the systems where optimised only for operation at
uN = 230V and also increased chip area.
In case of a wide input voltage range operation, also
the efficiency values at uN = 230V drop as could be seen
in Fig. 10b) where the limiting curves for operation at uN
= 230V are shown. There, the system parameters are
chosen so, that the system could operate also at low line
(uN =100V), i.e. at high input current, what for example
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Fig. 11: Limiting curves in the ρ-η-plane for the bridgeless PFC rectifier,
when the volume and the losses of the magnetic components are
neglected. The maximal achievable power density is determined by
the constant volume contributions as e.g. the output capacitor or the
control and is reached at very low switchting frequencies, where the
semiconductor losses become negligible, i.e. the volume of the heat
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Fig. 10: The same limiting curves in the ρ-η-plane as shown in Fig. 8
but in a) for low line operation, i.e. with an input voltage of 100V. In
b) the limiting curves of the systems with parameters optimised for low
line operation, i.e. the chip area and the inductor are designed for the
high input current at uN = 100V, are shown for nominal input voltage
(uN = 230V). There, it could be seen that due to the wide input voltage
range, the Feasible Performance Space is reduced since the designs
need to be a compromise between optimal operation for high and for
low line operation.

results in a larger chip area that causes higher switching
losses at uN =230V. Compared to the systems where only
the nominal operating point (uN =230V) is considered for
determining the parameters, the maximal efficiency drops
by approximately 0.5% for all systems.
The shown Pareto-Limits in the ρ-η-plane are typical
for heterogeneous systems which consist of semiconductors, magnetics and other passive components. In
these systems often the volume distribution between the
passives and the cooling is relatively balanced in case of
optimised system parameters. For systems which only
consist of a cooling system and passive components
(e.g. DC link capacitor) that are relatively independent
of the operating frequency as for example given in inverter drives, the limiting curves are very different, since
such system do not have components, which could be
made more compact at the expense of the efficiency.
Consequently, the Pareto-Limits shows an increasing
efficiency with increasing power density, since the cooling
system becomes smaller for higher efficiency values. An
example for such a line is given in Fig. 11, where all the
losses/volumes of the ultra-efficient bridgeless PFC rectifier are included except for the inductor losses/volume.
The achievable maximal power density depends in this

case on the volume of the heat sink and the volumes of
the components which are independent of the operating
frequency (e.g. output capacitor, control, gate drive). The
maximal power density and efficiency is reached for the
smallest operating frequency and the power density and
efficiency drops with increasing switching frequency due
to the switching/gate drive losses.
In the heterogeneous systems for each system a compromise between the power and the efficiency has to
be made as the efficiency decreases with increasing
power density. In order to compare different systems a
performance indicator as
tan αD =

1 − ηD
ρD

(33)

could be used [22], where αD is the angle between a
horizontal line and a line starting at ρ=0, η=1 and ending
at ρD , ηD of the considered system. Further details can
be found in [22].
Note: Strictly speaking, the Pareto optimal solutions
are only the upper part of the Pareto-Limits in the ρ-ηplane starting at the left hand side at small frequencies
and ending at the point where the highest power density
is achieved. The part below the maximal power density
represents non-optimal solutions, since for the considered power density a higher efficiency is possible (at a
lower operating frequency).
A. DC-DC Converter
Based on the approach presented in section III also
the limiting curves for other systems as e.g. DC-DC
converters can be calculated. In Fig. 12 the resulting
curves are shown for a current doubler rectifier, for which
in [4] a highly compact prototype system was presented.
In [4] also some basic analytic models are presented
for calculating the losses and the volumes. Details are
omitted here for the sake of brevity and will be published
in a future paper. A comparison between different DC-DC
converter topologies with respect to power density could
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Fig. 12: Limiting curves in the ρ-η-plane for a current doubler DC-DC
converter with the specifications given in Table II.

Fig. 15: Laboratory prototype of the ultra-efficient and ultra-compact
3kW TCM resonant-transition PFC rectifier with the specifications and
components given in Table I. Dimensions: 137×56×78mm3 , power
density: 5kW/dm3 , efficiency ≈ 98.3%.

TABLE II: Specifications of the considered current doubler DC-DC
converter.
Output power PO
Input voltage UIN
Output voltage UOut
Ambient Temperature

5kW
400V
48V
45◦ C

Mains Current

Mains
Voltage

be found in [23]. The efficiency limit of a phase-shift DCDC converter with voltage output has been evaluated in
[24], [25], where a maximal efficiency of 99% has been
achieved.
B. Experimental Results
In order to validate the presented models and calculations, different prototype systems have been realised

Fig. 13: Laboratory prototype of the ultra-efficient 3.2kW bridgeless
PFC rectifier composed of two interleaved 1.6kW units with fP =16kHz;
overall dimensions: 190mm×188mm×65mm; output power density:
1.35 kW/dm3 , efficiency: 99.3%. (Vin =230V, Vout =365V).

Fig. 16: Measured mains voltage and current for the TCM resonanttransition prototype system shown in Fig. 15 for POut = 3kW.

and tested. In Fig. 13 a 3.2kW ultra high efficiency PFC
rectifier based on the bridgeless topology (cf. Fig. 2b) with
the specifications given in Table I is shown. This converter
has an efficiency of 99.3% [9], and a power density of
1.35kW/dm3 . With the focus on power density the bridgeless PFC system shown in Fig. 14 has been designed,
where a power density of 5.6kW/dm3 at an efficiency of
95.6% has been achieved. The 3kW prototype system
of the TCM resonant-transition PFC as given in Fig. 15
has been built. It consists of three interleaved 1kW units
resulting in a much smaller input current ripple and has
a power density of 5kW/dm3 at an efficiency of 98.3%.
In Fig. 16 measurement results for nominal output power
are shown, where it could be seen, that the mains current
is sinusoidal and the system operates as predicted.
V. C ONCLUSION

Fig. 14: Prototype of the ultra-compact 3.2kW bridgeless PFC rectifier composed of two interleaved 1.6kW units; overall dimensions:
175mmx80mmx42mm; output power density: 5.6kW/dm3 .

In this paper the mapping functions, defining the relation of the material parameters and/or components performance and the system performance (efficiency/power
density) are analysed for single-phase PFC rectifier systems. There, the conventional, the bridgeless and a
TCM (Triangular Current Mode) resonant-transition PFC
rectifier are considered and a relatively simple approach
is presented to determine the limiting Pareto curves of
the different systems in the ρ-η-plane.
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These limiting curves define the boundary of the Performance Space in the ρ-η-plane for the different topologies, i.e. the performance of the different topologies
with repsect to power density and/or efficiency could
be directly identified. Consequently, this topology performance map significantly simplifies the topology selection
based on the desired system performance requirements.
It has been for example demonstrated that with the TCM
resonant-transition PFC rectifier the best compromise
between power density and efficiency could be achieved,
which could not be reached with the other considered
topologies.
For validating the considerations different prototype
systems are presented, which nicely confirm the presented limiting curves.
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